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b Laboratoire de Génie Chimique, Université de Toulouse, CNRS, INPT, UPS, Toulouse, France
c Erftverband, Am Erftverband 6, Bergheim 50126, Germany
d Catalan Institute for Water Research (ICRA-CERCA), Emili Grahit 101, Girona 17003, Spain
e LEQUiA, Laboratory of Chemical and Environmental Engineering, University of Girona, Campus Montilivi, Girona 17071, Spain
f LBE, INRAE, University Montpellier, Narbonne, France
g IEM, University Montpellier, CNRS, ENSCM, Montpellier, France
h Engineering Department, Palermo University, Viale delle Scienze, Ed.8, Palermo 90128, Italy
i Department of Chemical Engineering, KU Leuven, Celestijnenlaan 200F box 2424, Heverlee 3001, Belgium

A R T I C L E I N F O

Keywords:
Filtration resistance
Fouling mechanism
Membrane fouling modeling
Membrane bioreactor
Resistances-in-series model
Wastewater treatment

A B S T R A C T

This study critically analyses filtration process modeling in membrane bioreactor (MBR) technology. More
specifically, the variety of approaches and assumptions considered within a curated selection of resistance-in-
series (RIS) filtration models found in the literature is critically assessed. Aimed to move towards good filtra-
tion process modeling practices, the basis for establishing a unified framework rooted in the fundamentals of
membrane fouling is defined in this work, considering fouling classifications, process dynamics, and underlying
processes used by different authors for elucidating membrane fouling phenomena. Systematically analyzing these
factors should be considered as a basic step for efficiently comparing the performance of different models. This
involves a detailed examination of the processes applied within each model and their interplay with the involved
resistances and fouling types. A lack of homogeneity in RIS-based filtration modeling has been observed. To
address this, basic guidelines towards good modeling practices are proposed aimed at balancing model accuracy
and complexity. Specifically, seven model processes, six resistances, and three subgroups for types of fouling,
further divided into four or five categories are proposed to guide the selection of processes and state variables in
the model structure. Hence, this study facilitates the understanding of different approaches to be used during the
modeling exercise of membrane filtration processes within the MBR field, not only to enhance the comprehen-
sibility of available filtration models, but also to help the comparison, implementation, and adaptation of
available models and the comprehensive development of new ones.

1. Introduction

In recent years, membrane bioreactors (MBRs) have become a stable
and advanced technological alternative for wastewater treatment,
particularly for water resource recovery (Mannina et al., 2023). How-
ever, one of the persistent challenges of this technology is the phe-
nomenon of membrane fouling. MBR operation below the so-called
critical flux is commonly recommended for reducing membrane fouling
propensity. Critical flux can be defined as the flow below which fouling
theoretically does not occur (Field et al., 1995) or the flux below which

there is theoretically no decrease in flux with time for a constant
transmembrane pressure (TMP) (Bacchin et al., 2006). From these
general definitions, two different concepts have been described (Bacchin
et al., 2006). In the "strong" concept, the critical flux is defined as the
flux above which the membrane performance is not the same as the flux
obtained when treating clean water under the same conditions. In the
“weak” definition, the critical flux is the one below which the flux-TMP
ratio is lower than the one obtained when treating pure water, i.e., the
point at which there is no longer a linear relationship between them.
However, bulk and membrane interactions are more complex, and these
theoretical definitions are not commonly fulfilled. Indeed, a thorough
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comprehension of fouling is still essential for enhancing efficiency and
developing effective mitigation and prevention strategies. The mecha-
nisms, origin, and consequences of fouling still need to be fully under-
stood, and there is a lack of consensus on those already examined.
Significant efforts have been devoted to modeling membrane fouling.
However, a diverse array of modeling approaches regarding fouling
origin, mechanisms, process dynamics, and/or state variables can be
found in the literature.

In terms of model types, it is possible to find mechanistic models
(white-box models), semi-empirical models (grey-box models) and data-
driven models (black-box models) (von Sperling et al., 2020). Mecha-
nistic models (e.g., Broeckmann et al., 2006; Busch et al., 2007) attempt
to describe and predict the processes involved in membrane fouling
formation through the laws of physics, chemistry, and biology. These
models attempt to include most of the occurring phenomena and in-
teractions, inducing a higher level of complexity and intricate detail. As
such, mechanistic models are usually overparameterized, requiring
more experimental data than what is typically available, which com-
plicates their calibration and validation. Semi-empirical models (e.g.,
Charfi et al., 2018a; Sarioglu et al., 2012) combine physical, chemical,
and biological principles of mechanistic models with empirical param-
eters or relationships. This approach simplifies the model and allows for
greater flexibility, making it suitable when data is limited or a balance
between detailed process interpretation and computational performance
is required. Finally, data-drivenmodels (Kaneko and Funatsu, 2013; Kim
et al., 2011; Ren et al., 2023) are based on data collected and analyzed
during system operation. They use data analysis techniques to predict
membrane fouling behavior. These models can adapt to variations in
operating conditions without requiring advanced knowledge of fouling
mechanisms. Data-driven models are easier to calibrate, but their results
could not be valid outside the operation range of the original data
collection. A review of the literature reveals the emergence of recent

models developed through machine learning, grounded in data-driven
learning processes for MBR optimization (Galizia et al., 2024a). For
example, Schmitt et al. (2018) proposed the use of a radial basis function
neural network (RBFNN) to study membrane permeability and identify
membrane fouling. Liu et al. (2020) employed a model based on support
vector regression (SVR) to examine chemical oxygen demand (COD)
removal, TMP, and total membrane resistance in an aerobic MBR pro-
cess. Niu et al. (2023) obtained successful predictions for membrane
fouling in an anaerobic membrane bioreactor (AnMBR) through the
utilization of operational parameters, biomass characteristics, and
membrane properties as input variables. Nevertheless, despite the
expansion of this category of models, it is important to acknowledge that
the most prevalent are those based on the semi-empirical approach.
Hence, independently from the modelling approach selected (white,
grey, or black), it is worth to point out that each type of model presents
specific advantages and limitations depending on the target of each
modelling exercise. The selection of the appropriate model should be
conditioned by factors such as data availability, filtration process
complexity, or modelling objective.

For knowledge-based models, different model structures have been
proposed to evaluate and predict membrane fouling within the different
types of models discussed. On the one hand, there are models based on
pore-blocking laws, such as Hermia (1982), who proposed four models
to describe fouling from a macroscopic point of view, without specifying
the underlying mechanisms. On the other hand, models based on
resistances-in-series define the total filtration resistance as the sum of
the partial resistances that define the fouling (e.g., Li and Wang, 2006).
These models are the most unified, as their rationale of simultaneous
fouling mechanisms is considered more realistic (Robles et al., 2018a).

Most of the mathematical models based on RIS are semi-empirical
models that differ in the degree of complexity considered. The degree
of complexity depends on the state variables, fouling mechanisms and

Nomenclature

Variables/Parameters
a model parameter
A membrane area (m2)
A cake area (m2)
dp pore diameter (m)
J permeate flux (m3⋅s− 1⋅m− 2)
K model parameter
mi dry mass of component i (kg)
n fouling index
Pt/ P transmembrane pressure (Pa)
Rc cake layer resistance (m− 1)
Rcp polarization concentration resistance (m− 1)
Rdc dynamic cake layer resistance (m− 1)
Rirr irreversible fouling resistance (m− 1)
Rm intrinsic membrane resistance (m− 1)
Rs first thin cake layer resistance (m− 1)
Rsc stable cake layer resistance (m− 1)
Rsca scaling resistance (m− 1)
Rp pore blocking resistance (m− 1)
RT total resistance (m− 1)
t filtration time (s)
V filtrate volume (m3⋅m− 2)
VP permeate volume (m3)

Greek symbols
α, β model parameters
αi specific resistance (m⋅kg− 1)
αc specific cake resistance (m⋅kg− 1)

δ cake layer thickness (m)
ε porosity (-)
μ permeate viscosity (Pa⋅s)
ν superficial velocity (m⋅m− 2⋅s− 1)
ρi density of component i (kg⋅m− 3)
ρc cake density (kg⋅m− 3)
φS sphericity of the particles (-)
ωi specific dry mass of component i (kg⋅m− 2)
ωc specific cake dry mass (kg⋅m− 2)

Abbreviations
AFMBR fluidized anaerobic membrane bioreactor
AnMBR anaerobic membrane bioreactor
BAP biomass associated products
CEB chemically enhanced backwashing
CIP cleaning-in-place
COD chemical oxygen demand
EPS extra-cellular polymer substances
GAC granular activated carbon
MBR membrane bioreactor
MF microfiltration
NOM natural organic matter
PET polyethylene terephthalate
RBFNN radial basis function neural network
RIS resistance-in-series
SMP soluble microbial products
SVR support vector regression
TMP transmembrane pressure (Pa)
TSS total suspended solids
UAP utilization associated products
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dynamic processes involved. Therefore, a thorough study is needed to
analyze the main differences between existing models, focusing on how
fouling is classified, which processes are considered, and which state
variables are involved.

This work has been developed under the umbrella of the Interna-
tional Water Association (IWA) Task Group on Membrane Bioreactor
Modeling and Control (https://iwa-network.org/groups/membrane
-bioreactor-modelling-and-control/), which was formed to address the
lack of consensus on modelling MBR systems within the scientific
community. Since two of the objectives of this IWA Task Group are 1) to
propose standardized criteria to integrate biological, filtration and en-
ergy models for modelling of MBR-based systems, and 2) to propose
guidelines to apply appropriate models to be used for different purposes
(e.g., academic research, or control and multi-criteria optimization of
MBR systems), it is necessary to establish basic guidelines for adequately
identifying key mechanisms and processes involved in fouling phe-
nomena. These basic guidelines will help to 1) understand and model
key mechanisms surrounding membrane fouling phenomena, and 2)
assist the modelers on their choice of optimal model to use, depending
on the purpose of the model. To this aim, this work reviews and critically
analyzes different filtration process modelling exercises to establish the
basis for a unified framework rooted in the fundamentals of membrane
fouling, aiming to move towards good (RIS-based) modeling practices of
membrane filtration process within the MBR field. Specifically, basic
guidelines for fouling classification, and dynamic processes and state
variables definition are proposed in this work. To this aim, a curated
selection of 21 RIS-based “classical” filtration models used in MBR
technology has been assessed, exploring the fouling classifications,
process dynamics, and underlying processes used by each author for
elucidating membrane fouling phenomena.

2. Membrane fouling in MBR technology

Membrane fouling in MBR is influenced by several factors, which can
be categorized into four main groups: feed characteristics, bulk prop-
erties, operational conditions, and membrane and module design. Fig. 1
illustrates these factors and highlights the significant interactions be-
tween them. While some parameters directly impact membrane fouling,

others help to reduce the occurrence of this phenomenon. Membrane
fouling and associated energy consumption (e.g., energy required for
membrane scouring by air/gas sparging or crossflow velocity) are
considered serious operational obstacles and challenges in the wider
spread of the MBR technology (see, e.g., Jiménez-Benítez et al., 2023;
Krzeminski et al., 2017). In this respect, adequately modelingmembrane
filtration may significantly improve the understanding of fouling
mechanisms. Moreover, suitable filtration models allow the develop-
ment of energy-efficient fouling control strategies based on optimizing
both membrane management (hydrodynamic conditions and physical
cleaning procedures) and biological activity control.

2.1. Fouling classification

Various categories of fouling classification can be found in the
literature. Most authors classify fouling according to the mechanisms
involved in the process, while other authors (also) consider the type of
foulant based on its chemical nature (e.g. Gul et al., 2021; Hamedi et al.,
2019). To stablish a common framework, it is necessary to define the
categories in which fouling can be classified. The literature review (e.g.,
Du et al., 2020; Guo et al., 2012; Hamedi et al., 2019; Judd and Judd,
2011) suggests classifying fouling based on fouling consolidation (the
capability for permeability recovery by physical or chemical means),
fouling mechanism, or foulant type (chemical or physical nature or
origin). However, there is a lack of homogeneity in the types defined
within each category. For example, Guo et al. (2012) define organic
adsorption as a mechanism, which is usually considered a classification
based on the foulant type. Thus, it is important to clearly define the
different classifications within the categories. To this end, various
studies (e.g, Du et al., 2020; Gul et al., 2021; Guo et al., 2012; Hamedi
et al., 2019; Iorhemen et al., 2016; Judd and Judd, 2011; Ladewig and
Al-Shaeli, 2017) were compared to propose a simple and clear
classification.

Considering the cleaning strategy applied to recover permeability,
fouling can be classified as follows (Du et al., 2020; Judd& Judd, 2011):

• Reversible/temporary/removable: corresponding to the fouling that
appears during filtration due to cake layer formation, which can be

Fig. 1. Main factors affecting fouling (adapted from Judd and Judd, 2011).
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removed by physical cleaning (e.g., membrane scouring by air/gas
sparging or crossflow velocity). The cake layer formation depends on
the filtration mode:
- Crossflow filtration or “pseudo” crossflow filtration: the flow
moves tangentially across the membrane surface thanks to a feed
pump or to gas sparging.

- Dead-end filtration: the pressure drop through the membrane
length is uniform and perpendicular to the membrane surface.
When other forces are not involved in the process, the thickness of
the cake layer depends on the filtered volume.

• Residual reversible: corresponding to the persistent reversible
fouling that requires enhanced or intensive physical cleaning (e.g.,
back-flushing).

• Irreversible: corresponding to the fouling that cannot be removed
physically, requiring chemical cleaning protocols.

• Irrecoverable/irremovable: corresponding to fouling that cannot be
removed, neither physically nor chemically from the membrane, i.e.,
permanent fouling.

Considering the classification above, different classical fouling con-
trol/removal strategies are usually applied (Hamedi et al., 2019; Judd
and Judd, 2011; Le-Clech et al., 2006; Min et al., 2024).

• Physical cleaning:
- Backwashing (see e.g., Hwang et al., 2009; Liu et al., 2021; Raffin
et al., 2012): consists in reversing the flow through the membrane
to detach the cake accumulated on the membrane surface during
filtration.

- Membrane scouring by air/gas sparging (see e.g., Galizia et al.,
2024b; Monclús et al., 2015; Robles et al., 2013a, 2013b; Zhang
et al., 2017): consists in bubbling air/gas from the bottom of the
system to apply turbulence in the membrane tank, making it more
difficult for substances to be deposited on the membrane surface.

- Membrane scouring by crossflow velocity (see e.g., Martínez et al.,
2021; Qin et al., 2024): consists in removing the material deposited
on the membrane surface due to the shear forces generated by the
tangential flow circulation.

- Membrane flushing with water (ex-situ) or by using mechanical
cleaning process (use of scouring media in-situ) (see e.g., Zhang
et al., 2022, 2021): consists in removing the material deposited
that is not strongly attached onto the membrane surface.

• Chemical cleaning: when irreversible fouling appears, physical
methods are not enough, thus chemical cleaning methods are
required. Chemical cleaning uses chemical solutions (e.g., mineral/
organic acids such as citric acid, caustic soda, sodium hypochlorite,
etc.) for removing the substances that have adhered to the membrane
pores or onto the membrane surface.
- Chemically enhanced backwashing (CEB) (see e.g., Lee et al., 2013;
Park et al., 2018): consists in combining physical and chemical
cleaning by adding chemical reagents at low concentrations into
the backwash flow.

- Cleaning-in-place (CIP) (see e.g., Kim et al., 2022; Wei et al., 2011):
consists in a chemical cleaning in-situ. It is a maintenance cleaning,
designed to maintain membrane permeability and to avoid ex-situ
cleaning.

- Cleaning ex-situ (see e.g., Azis et al., 2019): consists in intensive
chemical cleaning ex-situ which requires the removal of the mod-
ules from the site and their immersion in a cleaning tank with the
reagents.

Fig. 2 summarizes the relationship between the fouling types and the
related fouling removal strategy.

Besides the classical fouling control strategies mentioned above, it is
important to note that alternative techniques to address fouling issues
are being developed (Min et al., 2024). However, the technical, eco-
nomic and environmental feasibility of most of these techniques remains
to be demonstrated. Moreover, although the combination of multiple
strategies may hold potential for improved fouling control, special
attention must be paid to several key aspects, such as the physical and
chemical properties of the membranes (e.g., mechanical strength and
chemical resistance) to safeguard membrane lifespan. Table 1 shows
some examples of alternative fouling control strategies under study.

Considering fouling mechanisms, fouling can be classified as follows
(see Fig. 3) (Guo et al., 2012; Judd and Judd, 2011; Ladewig and
Al-Shaeli, 2017):

• Pore plugging or complete pore blocking: particles with a diameter
equal to the pore size of the membrane agglomerate in the pores and
block them.

• Intermediate pore blocking: partial blockage of the pores occurs due
to the deposition of some particles on the others already deposited. In
this case, the particles are bigger than the membrane pore size.

• Pore narrowing or standard pore blocking: pores are narrowed or
blocked due to the adsorption/retention of foulants (e.g., colloids,
soluble microbial products (SMP), etc.) on their internal surfaces. In
this case, the particles are smaller than the membrane pore size.

Fig. 2. Relationship between type of fouling type and related removal strategy.

Table 1
Alternative fouling control strategies (adapted from Min et al., 2024).

Category Fouling control strategy

Physical Sorbents: activated carbon, clay, biochar
 Energy dissipation: scouring media, vibration, rotation
Chemical UV
 Ozonation
Biological Quorum quenching
 Bacteriophages
Electrochemical Electro-coagulation
 Electrochemical pre-treatment
 Reactive electrochemical membranes
Other Osmotic pressure
 Ultrasonic disruption
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• Cake/gel layer formation: a layer of cake or gel is formed on the
membrane surface due to the deposition and accumulation of fou-
lants, normally with a diameter larger than the membrane pore size.

It is possible to find different equations developed to model sepa-
rately each of the mechanisms described above. Some authors describe
fouling from a macroscopic point of view without specifying underlying
models (e.g., Charfi et al., 2012; Ho and Sung, 2009; Zheng et al., 2018).
These models were normally developed to study the variation of TMP at
constant permeate flux (J) or variation of J at constant TMP. On the
other hand, Hermia (1982) described a characteristic unified equation
(see Eq. (1)) that can be developed to represent each one of the four

above-mentioned mechanisms (see Table 2).

d2t
dV2

= K
(
dt
dV

)n

(1a)

d2t
dP2t

= K
(
dt
dPt

)n

(1b)

where:

- t is the filtration time (s)
- V is the filtrate volume per unit of effective membrane area (m3⋅m− 2)
- K is a constant model parameter with different dimensions and
values for each type of mechanism

- Pt is the transmembrane pressure (Pa)
- n is a fouling index which can take different values depending on the
dominant fouling mechanism (n = 0 for cake layer, n = 1 for inter-
mediate blocking, n = 1.5 for standard blocking and n = 2 for
complete pore blocking)

It should be noted that these models must be applied with an un-
derstanding of the assumptions being considered. These assumptions
have limitations such as the fact that they consider ideal, straight, and
cylindrical pores and they do not consider the effect of those mecha-
nisms that occur simultaneously. Despite these drawbacks, this type of
modeling approach has been widely applied to simulate fouling in MBRs
(e.g., Drews et al., 2009). However, although different models have been
developed to address the main limitations of these models, this modeling
approach remains less prevalent and less frequently implemented than
RIS-based models. Indeed, in practice, the four “pure” fouling mecha-
nism shown in Table 2 are superimposed, thus these models are not
capable to fit the TMP jump. For this reason, some authors have pro-
posed models combining these mechanisms (see, e.g., Bolton et al.,
2006; Eq. (6) in Table 2).

Considering foulant type according to their characteristics, behavior
and origin, fouling can be classified as follows (see Fig. 4) (Gul et al.,
2021; Iorhemen et al., 2016; Judd and Judd, 2011; Ladewig and
Al-Shaeli, 2017):

Fig. 3. Main fouling mechanisms.

Table 2
Main fouling mechanisms used in models based on Hermia’s pore blocking law
(see, e.g., Bolton et al., 2006; Kirschner et al., 2019). J is the flux at constant
TMP. TMP is the transmembrane pressure at constant J.

Mechanism Expression

Complete pore
blocking

J = J0exp( − K⋅t)

TMP =
TMP0

1 −
αJ
B
(1 − exp( − Bt))

(2)

Intermediate pore
blocking

J =
(
J− 0,50 + KI⋅t

)− 2

TMP =
TMP0

1
KI

+

(

1 −
1
KI

)

exp( − KIBt)

(3)

Standard pore
blocking

J =
(
J− 10 + KS⋅t

)− 1

TMP =
TMP0

(1 − KSa0Jt)2

(4)

Cake/gel layer
formation

J =
(
J− 20 + KC⋅t

)− 0.5

TMP = TMP0(1 + KCJt)

(5)

Combined cake
filtration and
intermediate
blocking

J =
1
KI

ln
(

1 +
KI

KC J0

((
1+ 2 KC J20 t

)1/2
− 1

))

TMP =
TMP0

exp(KI J0t)
(

1+
KC J0
KI

(exp(KI J0 t) − 1)
)

(6)

K, a, α and B are model parameters.
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• Particulate cake: fouling is caused by the bulk particles that build-up
a cake-layer on the membrane surface.

• Biofouling: fouling is caused by the accumulation of micro-organisms
by adhesion, growth and metabolism of bacteria or flocs, which re-
sults in a layer/biofilm on the membrane surface.

• Concentration polarization: fouling is caused by the accumulation of
contaminants near the membrane surface within the liquid phase.
This phenomenon, known as concentration polarization, occurs due
to specific (interconnected) factors at play:
- Velocity and convective forces: near the membrane, the tangential
velocity of the liquid is minimal. Simultaneously, the permeate flux
creates convective forces perpendicular to the membrane. These
opposing dynamics create a distinct region -the concentration
boundary layer- where concentration gradients become significant.

- Concentration gradient: the accumulation of foulants in the area
adjacent to the membrane has an exponential trend with increasing
flow. Additionally, the thickness of the boundary layer depends on
the turbulence in the system. Thus, the higher the flux, the higher
the accumulation at the interface, resulting in steeper concentra-
tion gradients. Consequently, the diffusion rate across the bound-
ary layer increases.

- Diffusion as dominant transport mode: within the concentration
boundary layer the only mode of transport is diffusion. Compared
to convective transport in the bulk, diffusion is slower.

- Gel layer formation: when the concentration in the boundary layer
becomes sufficiently high, a gel-like layer is formed. This layer
introduces additional resistance to membrane flux, impacting
overall filtration efficiency.

• Organic adsorption: fouling is caused by the adsorption of organic
compounds on the membrane surface, e.g., SMP or natural organic
matter (NOM) consisting of proteins, humic acids, hydrophobic
substances, and polysaccharides. This mechanism forms a gel layer
on the membrane surface.

• Inorganic precipitation or scaling: fouling is caused by precipitation
of inorganic compounds on the membrane. After deposition, crys-
tallization and crystal growth take place. Some of the foulants that
can lead to this phenomenon are calcium carbonate (CaCO3), barium
sulfate (BaSO4), silica (SiO2) and calcium sulfate (CaSO4), among
others. Thus, the higher the ion strength of the medium, the higher
the tendency to inorganic precipitation.

Table 3 illustrates the relationship between the fouling classifica-
tions based on foulant types, fouling mechanisms, and consolidation
type.

2.2. Fouling development

The evolution of fouling (represented by TMP increase when work-
ing at constant J mode) can be explained in three main steps that are
related to the fouling mechanisms and foulant types (size, behavior,
origin) explained above (Judd and Judd, 2011; Meng et al., 2009; Wang
et al., 2022) and illustrated in Fig. 5:

• Stage 1 – Conditioning fouling: an initial increase in TMP occurs due to
standard pore blocking or pore narrowing mechanism (Zhang et al.,
2006). Fouling is usually considered kind of negligeable compared to
later stages, although irreversible (Ognier et al., 2002). SMPs and/or
colloids (smaller than membrane pore size) adhere and accumulate
into the membrane pores, thus narrowing them (complete blocking
does not occur). SMPs and colloids mainly consist of hydrophilic
proteins, polysaccharides and/or humic substances, but the specific
nature is dependent on the type and concentration of the feed and the
operating conditions (Aslam et al., 2022; Liu et al., 2016). SMP can
be subdivided into utilization associated products (UAP), which are
by-products resulting from substrate use and cell growth, and
biomass associated products (BAP), which are by-products of
endogenous respiration of the cell mass (Mannina et al., 2023). At
this stage, foulants are subjected to a strong surface interaction of the
inner walls of the pores, as their diameter is smaller than the mem-
brane pore size (Wang et al., 2020). In addition, the existence of
sticky substances in the bulk enhances the adsorption of the con-
taminants inside the pores.

• Stage 2 – Slow/steady fouling: a gradual linear or weakly exponential
increase in TMP occurs mainly due to intermediate or complete pore
blocking. Fouling propensity depends on the foulant size and

Fig. 4. Main foulant types.

Table 3
Relation between fouling classifications.

Foulant type Mechanism type Consolidation type

Particulate cake Cake layer formation Reversible/Residual

Biofouling Cake/gel layer formation
Standard pore blocking

Reversible/Residual
Irreversible/
Irrecoverable

Concentration
polarization

Cake/gel layer formation Reversible/Residual

Organic adsorption Cake/gel layer formation
Standard pore blocking

Reversible/Residual
Irreversible/
Irrecoverable

Inorganic
precipitation

Standard pore blocking Irreversible/
Irrecoverable
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membrane pore size. Fouling is related to extra-cellular polymer
substances (EPS), SMP with large molecules, cellular debris, and
colloidal substances of a size equivalent to the pore size (Chen et al.,
2017; Stuckey, 2012). BAPs are larger in size than UAPs and are

therefore attributed to be responsible for complete pore blockage;
while UAPs are attributed to be responsible for intermediate pore
blockage (Bolton et al., 2006; Charfi et al., 2012; Medina et al., 2020;
Ni et al., 2011). Complete pore blocking of clean areas of the

Fig. 5. Relationship between fouling stages, mechanisms, foulants, and TMP evolution.

V. Sandoval-García et al. Water Research 268 (2025) 122611 

7 



membrane is attributed to colloidal proteins and polysaccharides in
EPS (Yu et al., 2021). Adsorption can also take place on the mem-
brane surface; thus, different types of contaminants accumulate,
including sludge flocs, gradually forming the cake layer. At this
stage, fouling is mostly irreversible, thus the most effective mitiga-
tion strategies to be applied are based on chemical cleaning (see
Fig. 2).

• Stage 3 – TMP jump: a jump in TMP occurs due to the accumulation of
foulants on the membrane surface, i.e., foulants concentration rea-
ches a critical point and fouling layers start to form and cover the
whole membrane surface. This fouling can be considered partially
reversible (Robles et al., 2018b). The key mechanism at this stage is
cake/gel layer formation and compression, thus the foulant-foulant
interactions are predominant (Xu et al., 2020). These interactions
are complex because of the different nature of the mixed liquor
components. Gel layers are formed from sticky proteins and poly-
saccharides in EPS, macromolecular SMPs and microbial colloids
(Liu et al., 2019; Maqbool et al., 2020; Wang et al., 2014). A cake
layer is mainly formed by the deposition of flocs and solids, microbial
biomass, and humic substances (Aslam et al., 2022; Xu et al., 2020;
Yu et al., 2021). This jump in TMP is also attributed to the loss of
area, exceeding the critical flux due to preferential flux paths
through membrane areas less affected by fouling. At this stage, the
most effective mitigation strategies to be applied are based on
physical cleaning, such as backwashing or air/gas sparging (see
Fig. 2), as the fouling present is largely reversible.

2.3. Main dynamic processes: shear stress integration, and reversible and
irreversible fouling formation

Adequately defining the dynamic processes involved in fouling for-
mation and removal is essential for successfully modelling filtration
process performance, thus properly linking fouling type and mecha-
nisms to possible remedial fouling actions.

• Cake layer attachment: during the filtration phase, colloidal and
particulate contaminants are carried along by the permeate flow and
accumulate on the surface of the membrane, gradually forming the
cake layer.

• Cake layer detachment by scouring: this cake detachment may be
due to biogas/air sparging and/or crossflow velocity.
- Mitigation by air/gas sparging: air/gas sparging generates complex
local phenomena (Braak et al. 2011) that interact in the mitigation
of the formation of the cake layer, such as turbulence and
back-transport, fibers movement, aeration shear stress on mem-
brane surface and on biomass. This makes it difficult for substances
to deposit on the membrane surface and promotes the detachment
of the cake layer.

- Detachment by crossflow velocity: it involves the removal of the
foulants deposited on the membrane surface because of the shear
forces produced by the tangential flow circulation.

• Cake layer detachment by backwashing: the flow throughout the
membrane is reversed and the flow force itself allows the reversible
fouling accumulated on the membrane surface to be carried away
and detached. At this stage, residual reversible fouling can be also
removed.

• Cake compressibility and slackening: during the filtration process,
TMP compresses the cake. The pressure of the fluid against the cake
matrix exerts a compressive effect on its structure. This compression
is reflected in an increased flow resistance through the cake. During
pressure relaxation, the structure of the cake matrix releases, and this
resistance decreases.

• Irreversible fouling consolidation: as filtration progresses, irrevers-
ible fouling intensifies, primarily caused by the accumulation of
foulants on the membrane surface or into the membrane pores,
which cannot be removed by physical means.

3. Filtration process modeling

3.1. Historical evolution of MBR filtration modeling
To progress on filtration process modeling, it is important to analyze

what advances and proposals have been made over time. Table 4 shows
a relation of the main historical milestones that have led to most ad-
vances on (RIS) filtration process modeling within the MBR field.

During the 1980s, modeling began with the development of a basic
filtration equation for microfiltration (not specific to MBR) based on
Darcy’s law and the composition of the foulants. Later, the definition of
the calculation of the specific resistance of the cake and the phenomenon
of concentration by polarization was defined. In the late 1980s and
1990s the study of crossflow conditions and the effect of colloidal
components on the filtration process gained traction. In addition, the
existence of the mechanisms of pore blocking and cake layer formation
as the responsible for fouling was raised. In the 2000s, special emphasis
was given to the consideration of the impact of particle distribution and
membrane pore diameters and the adhesion between particles and
membrane surface, considering some properties of MBR sludge and
operating. In addition, mass and force balances are jointly applied to
model the cake layer and the effect of cake compression was considered.
The concepts of fouling under subcritical and supercritical conditions
were introduced and the MBR system geometry and hydrodynamics
were studied. In the 2010s, the specific resistance of the cake was pro-
posed as variable and dependent on parameters such as sludge con-
centration. It was also attempted to control the effect of solids removal
in the cake mass calculation by defining a switching function and a semi-
saturation coefficient. Furthermore, the cake layer was studied as a
layered structure of different porosity. The impact of fluidized media on
filtration and the effect of cake layer formation on the pore blocking
mechanism were modelled. The blocked and released filtration area
were also evaluated.

3.2. Fundamentals

A few approaches have been proposed to study the impact of
different mechanisms on membrane permeability. Darcy’s Law and the
Kozeny-Carman equations are the most generically used and are related
to the concept of RIS modeling.

3.2.1. Darcy’s law
In filtration process modeling, it is common practice to use Darcy’s

Law of filtration to represent the flow through different media in series
(Eq. (7)). This law provides the theoretical basis for understanding and
predicting the behavior of flow through a porous medium. It can
therefore be used to characterize and design filtration processes such as
MBR, representing the basis of RIS-based modeling.

In this law, the permeate volume (VP) is driven through each media
by a difference in TMP. Thus, the flow is directly proportional to the
pressure gradient and inversely proportional to the viscosity of the fluid.
It is possible to calculate the total resistance to filtration (RT) from the
combination of the partial resistances that are associated with the
different fouling types.

J =
1
A
dVP

dt
=
TMP
μRT

(7)

where:

- J is the permeate flux (m3⋅s− 1⋅m− 2)
- A is the membrane area (m2)
- VP is the permeate volume (m3)
- TMP is the transmembrane pressure (Pa)
- μ is the permeate viscosity (Pa⋅s)
- RT is the total resistance (m− 1)
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Although the original statement of Darcy’s Law did not define the
conditions of application, it is worth noting that the law is based on
simplifications and assumptions such as a saturated, homogeneous, and
isotropic medium and a laminar, continuous flow.

3.2.2. Kozeny-Carman equation
The Kozeny-Carman equation (Eq. (8)) allows widening the appli-

cability of Darcy’s Law since it can be used to estimate the specific
resistance of different in-series media. However, it should be noted that
the Kozeny-Carman equation requires some work to correctly determine
the specific characteristics of the filter media. Specifically, the Kozeny-
Carman equation relates the permeability to the structure of a porous
medium, describing the pressure loss proportionally to the laminar fluid
flow passing through the medium. This fundament highlights the link
between the Kozeny-Carman equation and Darcy’s Law.

dP
dx

=
180μ
ϕ2s d2p

(1 − ε)2

ε3 v (8)

where:

- ϕs is the sphericity of the particles (-)
- dp is the pore diameter (m)
- ε is the porosity (-)
- v is the superficial velocity (m⋅m− 2⋅s− 1)
- dP

dx is the pressure loss (Pa⋅m− 1)

3.2.3. Resistance-in-series concept
As can be seen from the explanation of Darcy’s law, the total resis-

tance to filtration (RT), can be calculated from the sum of different
partial resistances (Ri) (Eq. (9)).

RT = Ri + Rii + ⋯ + Rn (9)

Different partial resistances can be found in the literature, which
define fouling based on the classifications described before (fouling
consolidation, fouling mechanism, and type of foulant), such as:

⋅ Intrinsic membrane resistance
⋅ Reversible, irreversible, and irrecoverable fouling resistances
⋅ Cake layer, standard pore blocking, complete pore blocking, and
intermediate pore blocking resistances

⋅ Dynamic sludge film, stable sludge, and thin layer resistances
⋅ Concentration polarization, scaling, and biofilm resistance

It should be noted that, besides the intrinsic membrane resistance
that can be experimentally measured using pure water, estimating/
determining the magnitude of each individual resistance represents a
complex task due to the interactions of the different substances present
in the bulk. Indeed, experimental procedures (see, e.g., Sanchis-Perucho
et al., 2023) only allow to estimate specific fouling resistance at a given
time. Therefore, individual models might be required to dynamically
predict the behavior of the key fouling mechanisms affecting membrane
performance.

Table 4
Key milestones achieved during the evolution of MBR filtration models.

1980-2000 Application of Darcy’s law as theoretical starting point for membrane filtration modeling. First basic filtration equations combining Darcy’s law and concentration
of foulants (Chudacek and Fane, 1984; Suki et al., 1984).
Use of the Kozeny-Carman equation for the calculation of specific cake resistance (Chudacek and Fane, 1984).
Dynamic modeling of concentration polarization (Chudacek and Fane, 1984).
Definition of deposition in fouling resistance as a kinetic process (Suki et al., 1984).
Study and modeling of filtration under crossflow conditions (Lee and Clark, 1998; Visvanathan and Ben Aïm, 1989).
Distinction between the fouling mechanisms of standard pore blocking and cake layer formation (Visvanathan and Ben Aïm, 1989).
Study of the effects of colloidal components on the fouling process (Visvanathan and Ben Aïm, 1989).
Definition of aggregate porosity (Waite et al., 1999).

2000-2010 Decomposition of the TMP from hydrostatic pressure, suction pressure, and axial pressure loss (Wintgens et al., 2003).
Modeling the impact of particle distribution and membrane pore diameters and adhesion between particles and membrane surface (Broeckmann et al., 2006).
Modeling the pore blocking resistance considering pore and particle size distribution (Broeckmann et al., 2006).
Combined models of membrane fouling from individual fouling mechanisms (Bolton et al., 2006).
Application of force balance together with mass balance to model cake layer formation (Broeckmann et al., 2006; Li and Wang, 2006).
Introduction of the concept of subcritical and supercritical fouling (Giraldo and LeChevallier, 2006).
Consideration of the effect of cake layer compressibility (Giraldo and LeChevallier, 2006; Li and Wang, 2006).
Presentation of a sectional approach to membrane surface due to non-uniform aeration turbulence (Li and Wang, 2006; Zarragoitia-González et al., 2008).
Distinction between dynamic sludge layer and stable cake layer (Li and Wang, 2006; Zarragoitia-González et al., 2008).
Definition of pore blocking resistance as a function of filtered volume (Li and Wang, 2006; Zarragoitia-González et al., 2008).
Distinction between internal and external fiber pressure (Busch et al., 2007).
Proposal of a model including system geometry and hydrodynamics (Busch et al., 2007).
Modeling biofouling layer resistance (Busch et al., 2007).
Definition of the relationship between soluble and suspended components concentration and specific cake layer resistance (Zarragoitia-González et al., 2008).
Consideration of specific resistance as non-constant and dependent on TMP, MLTS and SMP concentrations, floc size and sludge viscosity (Zarragoitia-González
et al., 2008; Mannina et al., 2011).

2010-
present

Consideration of the cake layer as a deep-bed filter (Mannina et al., 2011).
Effect of cake layer erosion on cake layer resistance due to hydrodynamics (Ludwig et al., 2012).
Dynamic mass balance approach to calculate dry mass on cake layer (Sarioglu et al., 2012).
Use of semi-saturation coefficient and switching function for calculating cake dry mass to control solids removal during cake detachment (Sarioglu et al., 2012).
Adoption of a layered cake structure to account for the vertical difference in cake porosity (Wu et al., 2012).
Definition of soluble components as responsible for pore blockage (Wu et al., 2012).
Considering subcritical fouling and dynamic specific cake resistance as a function of TMP, and definition of inhibition function for switching between subcritical and
supercritical filtration conditions (Robles et al., 2013b).
Modeling thin cake layer resistance (Charfi et al., 2015).
Relation between the decrease of effective pore radius and membrane thickness for the pore blocking resistance (Zuthi et al., 2017).
Modeling the effect of fluidized media (e.g., GAC or PET) on filtration resistance and removal of gel layer generated from soluble components (Charfi et al., 2018a,
2018b, 2017a).
Modeling the effect of cake layer formation on the pore blocking mechanism (Charfi et al., 2017a).
Dynamics on effective filtration area considering blocked area due to SMP deposition and area released by membrane scouring (Charfi et al., 2018a, 2018b).
Simple multivariable model considering solids and soluble/colloidal compounds effects on cake layer formation and pore blocking (dynamics on effective
membrane area), respectively (Sanchis-Perucho et al., 2024).
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3.2.4. Complementary empirical approaches
In RIS models, if the cake layer is assumed to be uniform and ho-

mogeneous, it is possible to calculate the layer thickness (δ) by Eq. (10).

δi =
mi

ρi(1 − ε) A (10)

where:

- mi is the dry mass of the reference component i of the layer (kg)

- ρi is the component density, mass of dry matter of component i per
layer volume (kg⋅m− 3)

- A is the area of the cake (m2)
- ε is the porosity (-) =

Total pores volume
Total porous media volume

It is also possible to estimate the specific dry mass per membrane
area, ωi (kg⋅m− 2), from the coefficientmi/A. This variable represents the
mass of the component i deposited per membrane area and allows to
redefine the cake layer thickness equation (Eq. (10)) shown in Eq. (11):

Table 5
Selected models assessed in this work, ordered by year of publication. AFMBR: Fluidized AnMBR; GAC; Granular Activated Carbon; MF: microfiltration; PET: Poly-
ethylene Terephthalate.

ID Refs. Type of
system

Key advantage/milestone

#1 Choi et al., 2000 MF Modeling the resistances offered by the membrane, cake layer and internal fouling of the pores.

#2 Lee et al., 2002 MBR Introduction of the effect of crossflow filtration.

#3 Wintgens et al., 2003 MBR Decomposition of the TMP from hydrostatic pressure, suction pressure, and axial pressure loss.

#4 Broeckmann et al., 2006 MBR Modeling the impact of particle distribution and membrane pore diameters and adhesion between particles and membrane
surface.
Modeling the pore blocking resistance considering pore and particle size distribution.
Application of force balance together with mass balance to model cake layer formation.

#5 Giraldo and LeChevallier,
2006

MBR Introduction of the concept of subcritical and supercritical fouling.
Consideration of the effect of cake layer compressibility.

#6 Li and Wang, 2006 MBR Application of force balance together with mass balance to model cake layer formation.
Consideration of the effect of cake layer compressibility.
Presentation of a sectional approach to membrane surface due to non-uniform aeration turbulence.
Distinction between dynamic sludge layer and stable cake layer.
Definition of pore blocking resistance as a function of filtered volume.

#7 Busch et al., 2007 MBR Distinction between internal and external fiber pressure.
Proposal of a model including system geometry and hydrodynamics.
Modeling biofouling layer resistance.

#8 Zarragoitia-González et al.,
2008

MBR Presentation of a sectional approach to membrane surface due to non-uniform aeration turbulence.
Distinction between dynamic sludge layer and stable cake layer.
Definition of pore blocking resistance as a function of filtered volume.
Definition of the relationship between soluble and suspended component concentration and specific cake layer resistance.
Consideration of specific resistance as non-constant and dependent on TMP, MLTS and SMP concentrations, floc size and
sludge viscosity.

#9 Khan et al., 2009 MBR Proposal of a relationship between specific resistance and shear intensity.

#10 Mannina et al., 2011 MBR Consideration of specific resistance as non-constant and dependent on TMP, MLTS and SMP concentrations, floc size and
sludge viscosity.
Consideration of the cake layer as a deep-bed filter.

#11 Ludwig et al., 2012 MBR Effect of cake layer erosion on cake layer resistance due to hydrodynamics.

#12 Sarioglu et al., 2012 MBR Dynamic mass balance approach to calculate dry mass on cake layer.
Use of semi-saturation coefficient and switching function for calculating cake dry mass to control solids removal during cake
detachment.

#13 Wu et al., 2012 MBR Adoption of a layered cake structure to account for the vertical difference in cake porosity.
Definition of soluble components as responsible for pore blockage.

#14 Robles et al., 2013b AnMBR Considering subcritical fouling and dynamic specific cake resistance as a function of TMP, and definition of inhibition
function for switching between subcritical and supercritical filtration conditions.

#15 Charfi et al., 2014 MBR Modeling the cake resistance evolution modifying the specific cake resistance and the shear parameter.

#16 Charfi et al., 2015 MBR Modeling thin cake layer resistance.

#17 Zuthi et al., 2017 MBR Relation between the decrease of effective pore radius and membrane thickness for the pore blocking resistance.

#18 Charfi et al., 2017a AFMBR GAC Modeling the effect of fluidized media (e.g., GAC or PET) on filtration resistance and removal of gel layer generated from
soluble components.
Modeling the effect of cake layer formation on the pore blocking mechanism.

#19 Charfi et al., 2017b AnMBR Modeling the mass composition of suspended solids and SMP deposition on the membrane surface in an AnMBR.

#20 Charfi et al., 2018a Fluidized
MBR

Modeling the effect of fluidized media (e.g., GAC or PET) on filtration resistance and removal of gel layer generated from
soluble components.
Dynamics on effective filtration area considering blocked area due to SMP deposition and area released by membrane
scouring.

#21 Charfi et al., 2018b AFMBR PET Modeling the effect of fluidized media (e.g., GAC or PET) on filtration resistance and removal of gel layer generated from
soluble components.
Dynamics on effective filtration area considering blocked area due to SMP deposition and area released by membrane
scouring.
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δi =
ωi

ρi⋅ (1 − ε) (11)

On the other hand, the cake layer resistance (RC) can be calculated by
combining the cake layer thickness equation (Eq. (10)) and the Kozeny-
Carman equation (Eq. (8)) in the following way:

RC = 180
(1 − ε)⋅ωC

ε3⋅d2P⋅ρC
(12)

where:

- ωC is the mass of cake deposited per membrane area (kg⋅m− 2)
- ρC is the cake density, mass of dry matter per layer volume (kg⋅m− 3)

Other modeling methods introduced the concept of the average
specific resistance, αi (m⋅kg− 1), for a particular reference layer compo-
nent. Thus, it is possible to define the calculation of a partial resistance
(Ri) as shown in Eq. (13):

Ri = ωi ⋅ αi (13)

From Eq. (12) it is possible to define the average specific cake
resistance αC (Eq. (14)) and, finally, RC can be expressed as the product
of ωC and αC (Eq. (15)).

aC =
180⋅(1 − ε)

ε3⋅d2p ⋅ρC
(14)

RC = ωC⋅αC (15)

Hence, combining Eq. (7), Eq. (9) and Eq. (13), the dynamic evolu-
tion of TMP in RIS models can be empirically expressed as shown in Eq.
(16).

TMP (t) = J⋅ μ ⋅ (ωi⋅αi + ωii⋅αii + ⋯ + ωn⋅αn) (16)

The assessment of partial resistances using specific resistances (Eq.
(13)) allows to reduce the effort to determine the specific characteristics
of the filter medium necessary to apply the Kozeny-Carman equation.
Therefore, the use of this approach could minimize the number of model
parameters to be calculated and calibrated.

4. RIS-based filtration models

A critical analysis on “classical” RIS-based filtration models used in
both MBR and AnMBR applications has been performed based on a
collection of models selected from the literature (Table 5). From all
available models, the selection was made to representatively cover
different modeling approaches entailing diverse fouling classification
(foulant, mechanism, and consolidation types), dynamic processes, and
state variables. Other aspects were also considered within the selection
process, such as which models were the most frequently cited or applied
in other studies, what new features they presented, or the complexity
they involved. Specifically, 21 “classical” models are in-detail analyzed
in this work: 1 model developed using a microfiltration (MF) membrane
treating synthetic media (microspheres and BSA), 4 models developed/
proposed for AnMBRs, and 16 models developed/proposed for conven-
tional MBRs. Although the MF model (Choi et al., 2000) was not
developed in an MBR system, it is evaluated in this work since it rep-
resents the basis of several MBR models developed by other authors.

Choi et al. (2000) proposed a RIS model based on the cake layer
filtration theory. The model considers the resistance offered by the
membrane, by the cake layer, and by the internal fouling of the pores,
since there are small materials that can penetrate the membrane and be
adsorbed by the pores. Lee et al. (2002) did not consider the effect of
particle adsorption in the pores. On the other hand, their model defined
the resistance offered by the cake layer differently from the previous
model because it introduced the effect of crossflow filtration. Wintgens
et al. (2003) characterized the TMP by considering hydrostatic pressure,

suction pressure, and axial pressure loss. They defined an expression
equivalent to the one proposed by Choi et al. (2000) considering the
fouling resistance. However, Wintgens et al. (2003) modelled the cake
layer resistance as a function of the mixed liquor concentration on the
membrane surface.

Broeckmann et al. (2006) considered two new phenomena affecting
cake and pore resistance: i) the distribution of particles and membrane
pore diameters, and ii) the adhesion between particles and membrane
surface. Hence, this can be regarded as the first model that considers the
effect of pore and particle size distribution on pore blockage resistance
modeling. This model also considered membrane resistance, cake layer
resistance, and irreversible fouling resistance. The irreversible fouling
resistance was defined using the expression proposed by Wintgens et al.
(2003), while for the formation of the cake layer, a forces balance was
assumed together with both a mass balance and the Blake-Kozeny
equation. The model also considers the effect of backwashing on cake
layer removal. Li and Wang (2006) proposed a sectional approach to the
membrane surface since the turbulence force of aeration is not uniformly
distributed, thus resulting in the heterogeneity of the cake and its
consequent irregular flux. They also used, for the first time, a term to
define the probability of a particle being deposited on the membrane
surface. This model involves the intrinsic resistance of the membrane,
the pore blocking, and the resistance offered by the cake layer. In
addition, within the cake layer formation, the model differentiates be-
tween the dynamic sludge layer, which is the layer of sludge that
temporarily adheres to the membrane during the filtration phase, and
the stable cake layer, which is the one that remains after the cleaning
period.

Giraldo and LeChevallier (2006) introduced the concept of subcrit-
ical and supercritical fouling into their model. This model can be
regarded as one of the first models where the role of SMPs in internal
fouling is discussed, although it is not explicitly considered in the model
equations. The authors proposed a mass balance for the formation of the
cake layer and considered the compressibility of the cake layer in the
specific resistance.

Busch et al. (2007) included three sub-models describing the ge-
ometry and hydrodynamics inside and outside the membrane fibers,
which implies a higher degree of complexity in the modeling task. As per
Wintgens et al. (2003), the TMP was described in terms of two compo-
nents: the pressure inside and outside the fibers. Concerning resistances,
besides pore blockage and cake layer, which were proposed as in
Broeckmann et al. (2006), three new parameters appear in the model:
the resistance due to biological fouling or biofouling, the resistance due
to concentration polarization, and the resistance due to scaling. None-
theless, the last two resistances were disregarded and finally not
considered in the model. Broeckmann et al. (2006) and Busch et al.
(2007) represent a clear example of the complexity of working with
models based on physical laws aiming to study fouling in a greater
detail. In both cases, the description of the geometry and the study of the
particle distribution results in a significant increase of model
complexity.

Zarragoitia-González et al. (2008) proposed modifications to the
model of Li and Wang (2006). The former highlighted that the specific
resistances of the dynamic and stable sludge cake layers should not be
considered constant, and they are assumed to be equal. For its calcula-
tion, the model considers the concentration of both SMP and total sus-
pended solids (TSS). Khan et al. (2009) mainly focused on modeling the
specific resistance of the cake, proposing a relationship between specific
resistance and shear intensity. Ludwig et al. (2012), as per Wintgens
et al. (2003), defined the TMP from the suction pressure. Unlike previ-
ous models, Ludwig et al. (2012) did not calculate the cake layer resis-
tance from the specific resistance but applied an integral-type equation
with calibration-adjusted parameters. This model considered the same
resistances as Choi et al. (2000), defining the fouling resistances in the
same way as Wintgens et al. (2003).

Mannina et al. (2011) proposed a model based on Li and Wang
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(2006) and Zarragoitia-González et al. (2008). Therefore, this model has
unified parameters for the forces balance, the probability of particle
deposition on the membrane surface, and the specific mass of both stable
cake and dynamic sludge. By considering the cake layer to act as a filter
at depth, the model includes an equation for calculating the mass con-
centration on the membrane surface. The model of Wu et al. (2012) was
also based on the one proposed by Li and Wang (2006) but accounts for
the role of soluble and colloidal components. This model considered
several layers of filter cake acting as filters stacked in the thickness di-
rection. It described pore fouling by soluble material and colloidal
compounds in the membrane and in these layers.

The model of Sarioglu et al. (2012) was characterized by considering
the cake layer as homogeneous, thus calculating the resistance offered
by the cake layer from a state variable referring to the dry mass of the
cake. A dynamic mass balance was proposed for this state variable,
which considered the following processes: formation of cake layer dur-
ing filtration, detachment of cake layer by backwashing, and removal of
solids by crossflow aeration. The resistance offered by the cake layer was
given without reference to the concept of specific resistance and the
fouling resistance was given as in Choi et al. (2000). Robles et al.
(2013b) modelled the dynamic variation of both reversible and irre-
versible fouling dry mass by two mass balances, including two specific
resistances for calculating the resistance to filtration of reversible and
irreversible fouling, being the specific cake layer resistance affected by
cake compression. The following processes were considered: cake layer
formation during filtration, membrane cleaning by biogas bubbling,
cake layer removal by backwashing, and consolidation of irreversible
fouling. As per Sarioglu et al. (2012), this model considered the cake
layer to be homogeneous. Importantly, the model considered the influ-
ence of subcritical fouling on the specific strength offered by the cake
layer. In addition, an inhibition function for the modeling of the biogas
bubbling cleaning process was proposed to consider the impact of
working at supercritical and subcritical conditions.

Charfi et al. (2014) considered fouling to be caused by the accu-
mulation of particles on the surface of the membrane. The authors
considered the resistance offered by the membrane and by cake layer
formation. In this model, the calculation of a specific cake layer resis-
tance was not detailed. The cake mass balance proposed by the authors
can be considered a simplification from Li and Wang (2006). Later,
Charfi et al. (2015) included SMP for modeling cake layer formation and
pore blocking. SMPs were considered to be retained within the formed
cake, leading to an increase in the specific cake layer resistance and to an
accumulation on the membrane surface, so that the pores are blocked,
and a thin layer is formed. Pore blocking resistance was not considered
as it was argued to be negligible compared to the resistance of the cake
layer, but the influence of the thin layer on the resistance was proposed.
The mass balance to the specific dry mass of cake (kg per m2 of mem-
brane area) was modified from Charfi et al. (2014) to include the soluble
part and the thin layer.

Zuthi et al. (2017) considered the mechanisms of pore blocking due
to adsorption of soluble compounds and cake layer formation. Unlike
previous models, pore blocking resistance was related to the reduction of
pore radius and effective membrane porosity. Based on the approach
proposed by Giraldo and LeChevallier (2006), a mass balance was pro-
posed for the particles around the membrane that cause a porosity
decrease. This model also included a differential expression to consider
the effect of the decrease in pore size due to the adsorption of soluble
components. As per Robles et al. (2013b), the cake was considered
compressible, but the model also proposes a dynamic process for
modeling the thickness of the cake layer.

Charfi et al. (2017b) modelled cake layer formation introducing
soluble components in an AnMBR. In contrast to other models (e.g.,
Zuthi et al., 2017), despite including soluble components, the authors
did not model their relationship with pore blocking resistance. Charfi
et al. (2017a) described fouling analysis based on media fluidization
using granular activated carbon particles. The aim of this approach was

to quantify the effect of fluidized media on the decrease in filtration
resistance, thus modeling the effect of cake layer formation on pore
blocking. Charfi et al. (2018a) introduced the novelty of assessing the
effect of fluidized media on the mitigation of different fouling mecha-
nisms, besides the cake layer formation presented in Charfi et al.
(2017a). The model considered the effect on the removal of gel layers
produced by soluble compounds. Moreover, they considered the effec-
tive membrane filtration area to be dynamic due to i) the blockage
caused by the deposition of SMP and ii) the released/recovery due to gas
bubbling. The model also assessed fouling propensity from the increase
in TMP due to pore blocking and cake layer formation. Similarly, Charfi
et al. (2018b) modelled the effect of polyethylene terephthalate (PET)
beads fluidization on fouling mitigation, considering cake layer forma-
tion and pore blocking as main mechanisms. There are similarities be-
tween this model and Charfi et al. (2018a) regarding the variation of
membrane area. Specific mass balances were proposed for solids and
SMP concentration.

Considering the set of models evaluated, it is possible to conclude
that filtration process modeling is characterized by significant hetero-
geneity within the available models. Moreover, cross comparison among
different models is a complex task due to a lack of standardized
nomenclature and fouling classifications, among others. Hence, it is
necessary that the filtration process modeling community advance to-
wards the development of a unified framework aimed to standardize not
only filtration process modeling notation (kinetics, state variables, etc.),
but also fouling classification (foulant, mechanism, and consolidation
types).

4.1. Model variables

Table 6 shows a selection of model inputs and outputs considered in
the models evaluated in this work, including model parameters, state
variables and derived calculated variables. These have been grouped
here into compounds (colloidal, soluble and suspended), TMP, filtration
area, thickness, mass (dry and specific) and resistance (absolute and
specific) variables. Nevertheless, it is important to emphasize that other
variables and parameters are also considered within the different models
by different authors, which must be considered for a proper modeling of
filtration in the MBR field, such as bulk characteristics (e.g., sludge
viscosity or EPS, both of which affect the stickiness of the sludge and the
cake layer formation rate). In addition, special attention must be also
paid to the importance of design and operation conditions, as shown in
Fig. 1.

As Table 6 illustrates, model’s structure ranges from simple ones
with few variables to more complex with many, being TMP and re-
sistances the most general and common variables used within RIS-based
modelling, defined as both state variables or calculated variables from
other states. Increasing the number of parameters and variables in a
model enhances its intrinsic complexity but also its ability to predict
simultaneous or complex phenomena occurring in the system. The se-
lection of one model among other may be based on the target of each
specific modelling exercise, e.g., selecting a detailed mathematical
model to be used for academic research, or a simplified one that can be
embedded in system/plant-wide models allowing environmental and
economic sustainability assessment and control and multi-criteria opti-
mization of MBR systems.

4.2. RIS classification

Given the importance of resistance as state variable, Table 7 compiles
the filtration resistances included in each RIS model evaluated in this
work, according to the definitions and considerations of each author. As
this table shows, all models contemplate the intrinsic membrane resis-
tance (Rm) as expected. Cake layer resistance (Rc) was involved in most
of the evaluated models, followed by pore blocking (Rp) and irreversible
fouling resistance (Rirr), but in a lesser extent.
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Table 6
Selection of model inputs and outputs considered in the evaluated models.

Model ID #1 #2 #3 #4 #5 #6 #7 #8 #9 #10 #11 #12 #13 #14 #15 #16 #17 #18 #19 #20 #21
Description

Compounds Bulk concentration on membrane surface   X X   X   X           

Bulk concentration that enter the membrane    X   X              

Bulk concentration   X X X X X  X X       X    

Cake concentration    X   X              

Colloidal cake concentration             X        

SMP concentration     X   X  X   X   X X X X X X

MLTS concentration            X  X       

MLSS concentration  X      X  X X  X  X X  X X X X

GAC concentration                  X   

TMP Transmembrane pressure X X X X X X X X X X X X X X X X X X X X X

Transmembrane pressure due to the cake formation                    X X

Transmembrane pressure due to pore blocking                    X X

Area Effective membrane area                    X X

Block membrane area                    X X

Free membrane area                    X X

Thickness Membrane thickness     X        X    X    

Cake thickness X   X X  X     X X X   X X   

Biofilm thickness       X              

Mass Mass attached by convective forces                    X 

Cake mass X           X  X     X X 

Mass of irreversible fouling              X       

Mass of matters detached from the deposit by particle sparging                    X 

Specific cake mass  X    X  X  X   X X X X  X X  X

Specific irreversible mass X            X X       

Specific cake mass attached to the membrane               X   X   X

Specific cake mass detached from the membrane               X   X   X

Specific mass of colloidal components within sludge cake             X        

Specific mass of the sludge in the dynamic sludge film cake      X  X  X   X        

Specific mass of the first thin fouling layer                X     

Specific mass of soluble components within membrane pores             X      X  

(continued on next page)
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The first noteworthy aspect observed in Table 7 is the diversity when
modeling the resistance offered by the cake layer. While most authors
propose a single resistance, other authors (e.g., Li and Wang, 2006;
Mannina et al., 2011; Zarragoitia-González et al., 2008) define two re-
sistances to differentiate between the dynamic cake layer (Rdc) that
forms during each filtration phase and the stable cake layer (Rsc) that
remains after the detachment processes. However, Mannina et al. (2011)
stated that the sum of both resistances is considered equivalent to Rc,
which is included in other models. On the other hand, Charfi et al.
(2015) defined the resistance offered by a first thin cake layer (Rs)
although an equivalence with the dynamic sludge layer resistance
defined by Li and Wang (2006) is observed when evaluating the defi-
nition and dynamics of this thin cake layer. Busch et al. (2007) also
defined polarization concentration and scaling resistances, although the
related model processes were not finally considered since their impact
on total filtration resistance were assumed negligible.

Table 8 shows the resistances defined in each model along with the
associated fouling types (fouling consolidation, mechanism type and
foulant type), as it has been deduced from each proposed modeling
approach. It is important to highlight that the association between
foulant types and resistances has been conducted here with the aim of
enhancing the comprehensibility and implementation of RIS-type
modeling in general, and each evaluated model in particular. Since
this association is not explicitly stated in all the works examined, it has
been deduced by carefully analyzing the description of each studied
model.

For example, Choi et al. (2000) defined Rc involving: 1) reversible
fouling caused by cake layer formation and derived from particulate
foulants, 2) polarization concentration, and 3) organic adsorption.
These authors considered Rirr to be caused by pore blockage, but not
defining associated foulants to it. On the other hand, Sarioglu et al.
(2012) associated Rcwith the reversible fouling caused by the cake layer
formation and derived from particulate foulants, while considering Rirr
as per Choi et al. (2000). Thus, this table also demonstrates the different
features that each author can consider when describing similar re-
sistances, emphasizing heterogeneity within filtration process modeling.

4.3. Dynamic processes involved in fouling layer generation and removal

The link between the resistances and the dynamic processes of
fouling generation and removal considered by each author has also been
analyzed. These processes have been classified into cake/gel layer for-
mation (cake/gel layer attachment, cake/gel layer detachment by
scouring, cake/gel layer detachment by backwashing, and cake
compressibility) and irreversible fouling consolidation. In general, cake
layer, biofilm, stable cake layer, dynamic sludge layer, concentration
polarization, and first thin cake layer resistances have been classified as
cake/gel layer formation processes, whereas irreversible and pore
blocking resistances have been classified as irreversible fouling consol-
idation processes. The corresponding classification for each evaluated
work is shown in Table 9. When modeling cake/gel layer attachment,
different state variables are defined within the set of evaluated models
(see, e.g., Choi et al., 2000; Li and Wang, 2006; Sarioglu et al., 2012),
such as cake thickness, cake dry mass, or specific cake dry mass. Some
models combine cake attachment and detachment processes by incor-
porating a parameter representing the membrane scouring effect (e.g.,
Khan et al., 2009; Wintgens et al., 2003). On the other hand, other
models consider independent model processes to represent cake
detachment: air/biogas scouring (e.g., Robles et al., 2013b), crossflow
operation (e.g., Lee et al., 2002), or backwashing (e.g., Broeckmann
et al., 2006). When modeling irreversible fouling consolidation, many
authors use the expression proposed by Wintgens et al. (2003). How-
ever, it can be observed that other authors defined a specific mass bal-
ance for irreversible fouling (e.g., dry mass of irreversible fouling) or
even modelled the dynamics on the blocked filtration area due to pore
blocking mechanism. Finally, the compressibility of the cake is usuallyTa
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modelled by including a specific parameter or by modeling the effect of
TMP on the specific resistance of the cake layer.

Table 9 illustrates a strong heterogeneity within available RIS-based
filtration models applied to MBR technology. This heterogeneity arises
from both differences in underlying processes and similar processes due
to variation in fouling phenomena considered. Additionally, distinct
state variables and their corresponding dynamics are employed across
these models. These disparities contribute to the complexity of under-
standing and applying filtration models in practice. To address this
complexity, it is crucial to establish a common basic framework for
membrane fouling classification that would help to conduct good
modeling practices, which would facilitate modeling practices and
enhance the ability to compare and evaluate different models. Re-
searchers can collectively advance in the field and promote better
modeling practices by adhering to a standardized membrane fouling
classification. Indeed, a unified and widely followed membrane classi-
fication framework, jointly with a standardizing RIS-based filtration
modeling methodology, will facilitate future modeling exercises within
the field. Moreover, this will also make it possible to unify the additional
measurements or tools to be carried out: deposit thickness, accumulated
mass, chemical composition, transient TPM/J monitoring, cake
compressibility, among others. Finally, the analysis conducted in this
study provides a deeper understanding of the perspectives offered
within the available filtration models, aiming to facilitate the compari-
son, implementation, and adaptation of existing models.

5. Basic guidelines towards good modeling practices

After conducting a comprehensive literature review, it is possible to

discern the fundamental aspects of membrane fouling. This involves
considering classifications, dynamics, and underlying processes to
develop a mathematical model approach for effective fouling modeling.
Fig. 6 illustrates the key foulants, dynamic processes and filtration re-
sistances to be considered when modelling a filtration process within the
MBR field, while Fig. 7 summarizes the critical elements that must be
identified and categorized before conducting a membrane fouling
modeling exercise.

Primarily, it is essential to properly identify/categorize fouling
phenomena within the three categories before stablished, i.e., foulant
type, mechanism type, and consolidation type, considering the existing
relationships among each other. These relationships illustrate that the
identification and classification of fouling could be more straightfor-
ward when referring to a unified definition of categories and specific
associated characteristics. This categorization represents a fundamental
step for adequately selecting the processes and state variables to be
considered in the model structure.

Secondly, for each filtration resistance associated to each fouling
category identified, the main processes and state variables involved in
the formation and removal of fouling can be selected. Specifically,
aiming to meet a compromise between model complexity and accuracy,
5 model processes are proposed in this work for modelling membrane
filtration within the MBR field. The first three phenomena, relating to
the construction and control of the deposit, are classic, while the last two
reflect the rapid evolution of the TMP (TMP jump):

- Cake layer attachment
- Cake layer detachment by scouring
- Cake layer detachment by backwashing

Table 7
Resistances included in the evaluated models (*Defined but not modelled).

Resistance

Model Membrane
(Rm)

Cake
layer
(Rc)

Pore
blocking
(Rp)

Irreversible
(Rirr)

Stable
cake layer
(Rsc)

Dynamic
sludge film
(Rdc)

Biofilm
(Rbf)

Concentration
polarization (Rcp)

Thin
layer
(Rs)

Scaling
(Rsca)

Choi et al., 2000 X X  X      

Lee et al., 2002 X X        

Wintgens et al., 2003 X X  X      

Broeckmann et al., 2006 X X X X      

Giraldo and
LeChevallier, 2006

X X        

Li and Wang, 2006 X  X  X X    

Busch et al., 2007 X X X    X X*  X*

Zarragoitia-González
et al., 2008

X  X  X X    

Khan et al., 2009 X X  X      

Mannina et al., 2011 X  X  X X    

Ludwig et al., 2012 X X  X      

Sarioglu et al., 2012 X X  X      

Wu et al., 2012 X X X       

Robles et al., 2013b X X  X      

Charfi et al., 2014 X X        

Charfi et al., 2015 X X       X 

Zuthi et al., 2017 X X X       

Charfi et al., 2017a X X X       

Charfi et al., 2017b X X        

Charfi et al., 2018a X X        

Charfi et al., 2018b X X        
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- Cake layer compressibility and slackening
- Irreversible fouling consolidation

Based on these processes, the following partial resistances are pro-
posed to be considered as state variables of the model:

- Intrinsic membrane (Rm)
- Cake layer (Rc), which could be divided into dynamic cake layer (Rdc)
and stable cake layer (Rsc) when differences on fouling removal by
scouring and backwashing may be estimated, related to reversible
and residual fouling, respectively

- Irreversible fouling (Rirr) or pore blocking (Rp)

Simplification of model structure may be considered depending on
system configuration, operation mode, available data, modeling target,
and/or prediction time horizon. In addition, it should be noted that a
systematic analysis of the dominant phenomena is recommended as a
preliminary step to the development of a new MBR models.

6. Future perspectives

The literature review described and discussed in the previous sec-
tions reveals a strong heterogeneity in the modeling of MBR fouling.
Although this work focuses on RIS models, it is important to consider the
accelerated growth in the use of machine learning and other artificial
intelligence techniques. As mentioned in previous sections, many
models based on artificial neural network or another machine learning
techniques have been presented and studied in recent years. Indeed, this
preliminary work on data-driven models will facilitate the development

of hybrid MBR models that integrate machine learning techniques with
semi-empirical models such as RIS-based models. This study, therefore,
provides the fundamental aspects that will advance the integration of
MBR models.

Nevertheless, within the RIS-based modeling approach discussed in
this paper, which is the most prevalent in the modeling of MBR filtra-
tion, there are still issues that require further attention. One such issue is
the need to differentiate between the mechanisms of cake layer and gel
layer formation, despite their distinguishable natures. It is crucial that
future mathematical models acknowledge the distinction between these
mechanisms to accurately assess the accumulation of SMP in gel layer
formation. Additionally, due to the lack of uniformity in MBR modeling,
creating a widely accepted standardized framework for notation (e.g.,
Corominas et al., 2010; Brepols et al., 2020) is required. This framework
will represent a useful tool when communicating future modelling re-
sults or when developing new models, thereby advancing the under-
standing and optimization of membrane-based filtration systems in the
wastewater treatment field.

The need for experimental data from full-scale (or demo-scale) plants
is also critical to validating MBR models. Although laboratory and pilot-
scale studies provide important insights, they could be not enough to
represent the complexity and variability found in real-world conditions.
Full-scale operational data allows for a more accurate assessment of
MBR system performance and reliability. Therefore, data collection is
also essential to improve model validation.

Integrated models, which combine biological and physical models,
are also receiving much attention for describing MBR performance. This
modeling approach leads to achieve a better comprehensive prediction
of the systems’ behavior in view of a global optimization. In this respect,

Table 8
Relationship between the resistances defined by each author and fouling types with the abbreviations introduced in Table 7.

Consolidation type Mechanism type Foulant type

Model Reversible Residual
reversible

Irreversible Cake/gel
layer
formation

Pore
blocking

Particulate
cake

Biofouling Concentration
polarization

Organic
adsorption (EPS/
SMP/colloidal)

Choi et al., 2000 Rc  Rirr Rc Rirr Rc  Rc Rc

Lee et al., 2002 Rc   Rc  Rc   

Wintgens et al., 2003 Rc  Rirr Rc Rirr Rc  Rc 

Broeckmann et al., 2006 Rc  Rirr Rc Rp Rc Rirr  

Giraldo and
LeChevallier, 2006

Rc  Rm Rc Rm Rc  Rc Rm

Li and Wang, 2006 Rdc Rsc Rp Rdc Rp Rdc   

Busch et al., 2007 Rc  Rp Rc Rp Rc Rbf  Rbf

Zarragoitia-González
et al., 2008

Rdc Rsc Rp Rc Rp Rdc   Rdc, Rsc

Khan et al., 2009 Rc  Rirr Rc Rirr Rc   Rirr

Mannina et al., 2011 Rdc Rsc Rp Rc Rp Rdc   Rdc, Rsc

Ludwig et al., 2012 Rc  Rirr Rc Rirr Rc   

Sarioglu et al., 2012 Rc  Rirr Rc Rirr Rc   

Wu et al., 2012 Rc  Rp Rc Rp Rc   Rc, Rp

Robles et al., 2013b Rc  Rirr Rc  Rc   Rirr

Charfi et al., 2014 Rc   Rc  Rc   

Charfi et al., 2015 Rc Rs  Rc, Rs  Rc   Rs, Rc

Zuthi et al., 2017 Rc  Rp Rc Rp Rc Rc  Rc, Rp

Charfi et al., 2017a Rc  Rp Rc Rp Rc   Rc, Rp

Charfi et al., 2017b Rc   Rc  Rc   Rc

Charfi et al., 2018a Rc   Rc  Rc   Rc

Charfi et al., 2018b Rc   Rc  Rc   Rc
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Table 9
Differential equations used in the main processes considered in the evaluated models. (1) scouring by crossflow filtration, (2) reduction of effective filtration area, (3) membrane area cleaned by scouring effect.

Models Cake/gel layer
attachment

Cake/gel detachment by scouring Cake/gel detachment
during backwashing

Irreversible fouling consolidation Cake compressibility

Choi et al., 2000
dδc
dt

=
mp

ρp(1 − ε)Am

  dMd

dt
= kf

(
M*

d − Md
) 

Lee et al., 2002 dm
dt

= km
VPXTSS

A

(1)   

Wintgens et al., 2003
dRC

dt
= kCcM

 dRF

dt
; RF = SF

(

1 − e− kF
∫ t

0
F(t)dt

) 

Broeckmann et al., 2006 dRcake

dt
=
dLcake
dt

Kcake;
dLcake
dt

=
JΩcbulkcake
ccake

dRcake

dt
= −

Lcake
τback

Rcake

Lcake
dRblock(t)

dt
= f(ε); dεmem

dt
= −

JcbulkmemAmem

ρp,memVmem

dRF

dt
; RF = SF

(

1 − e− kF
∫ t

0
F(t)dt

)

Giraldo and LeChevallier,
2006

dZc
dt

=
JCb

ρc
dzc
dt

= −
αυυβ

air
ρc

 df
dt

= − αf Cʹ
mJ

dRc

dt
; R̂

comp
= R̂cΔPnc

Li and Wang, 2006
dMsf

dt
=

24CJ2

24J+ K1G
dMsf

dt
= −

β(1 − α)GM2
sf

γVf t +Msf

 dRp

dt
= rpJ

γ (compression coefficient)

Busch et al., 2007 dRcake

dt
=
dLcake
dt

Kcake;
dLcake
dt

=
JΩcbulkcake
ccake

dLb
dt

= uf

dεmax
dt

= − ϑ
dε(z)
dt

dLb
dt

= − ub

dRp

dt
= f(ε); dε(z)

dt
= −

4
ηf ,p
ρp

J(z)cbm
df ,0

(
df ,0
)2

−
(
df,i
)2

dRb

dt
= αbLbρb ;

dαb

dt
= kα(α∞ − αb);

dLb
dt

= uf

Zarragoitia-González et al.,
2008

dMdc

dt
=

24XTSSJ2

24J+ CddpG
dMdc

dt
= −

β(1 − KST)GM2
dc

γVf t +Mdc

dRp

dt
= rpJ

γ (compression coefficient)

rdc = rsc =
TMPp

μ2

(

a +

b
(

1 − exp
(

− c
(

SSMP

0,8XTSS

)))2)

Khan et al., 2009 dRt

dt
=
2x1015V⋅G− 1,2947⋅Cb

Am

dV
dt

 Rf = Rt − Rc − Rm 

Mannina et al., 2011 dMdc

dt
=

24CSSJ2

24J+ CddpG
dMdc

dt
= −

β(1 − α)GM2
dc

γVf t +Mdc

dMsc

dt
= − ηc Msc

dRp

dt
= rpJ

γ (compression coefficient)

rdc = rsc =
TMPp

μ2

(

a +

b
(

1 − exp
(

− c
(

SSMP

0,8XTSS

)))2)

Ludwig et al., 2012
dRDS

dt
=

rDSF(τ)η(T(τ))XTSS(τ)

dRDS

dt
= − krQcross(τ) − kpP(τ)

 dRF

dt
; RF = SF

(

1 − e− kF
∫ t

0
F(τ)dτ

) 

Sarioglu et al., 2012
dmp

dt
= qpermxliqfcapture

dmp

dt
= −

(
qcross
AM

)(
xcake

xcake + Ks,cake

)

fcross

dmp

dt
= − qbackxcakefbw

dRf

dt
; Rf = Rf ,max

(
1 − e− kf t

) 

Wu et al., 2012
dMsf(i)

dt
=

24 J
24J+ CddiG

CssPiJ

dMc

dt
= fcJCc

t
t + h

dMsf

dt
= −

β(1 − α)GM2
sf

γVf t +Msf

dMc

dt
= −

β(1 − α)GM2
ss

γVf t +Mss

Mc

Msf +Mpc

dMs

dt
= JCC

rS
rS +Msf +Mpc

γ (compression coefficient)

(continued on next page)
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Table 9 (continued )

Models Cake/gel layer
attachment

Cake/gel detachment by scouring Cake/gel detachment
during backwashing

Irreversible fouling consolidation Cake compressibility

Robles et al., 2013b
dXmC

dt
= Q20XTS

dXmC

dt
= −

qMS,MaxMXmC IMSBRFVXmC

dXmC

dt
= − qBF,MaxQ20BFMXmC XmC

dXmI

dt
= − qIF,MaxXmC

dαc

dt
= kt

(
αc,TMP − αc

)

Charfi et al., 2014
dmacc

dt
= XJp

dmacc

dt
= − βXJpmacc

  

Charfi et al., 2015
dmc

dt
= Jp(σS + X)

dRS

dt
= k1JP σS

dmc

dt
= − βJp(σS + X)(mc − mS)

dmc

dt
= − η1mc;

dRS

dt
= − η2RS;

dε
dt

= − η3ε

 dε
dt

= − kε
ε

ε + b
= − k2JpσS ε

ε + b

Zuthi et al., 2017
dRc

dt
= f(hc);

dhc
dt

=

JCc(t)
ρ

dhc
dt

= −
kJCc(t)

ρ
df
dt

= − αf cSMP(t)J(t) = −

4
ηf
ρp
J(t)⋅cSMP⋅

md,0
(
md,0

)2
−
(
md,i

)2



Charfi et al., 2017a
dmc

dt
= J(X + σS +

(XGACΦ))

dmc

dt
= − βJ(X + σS + (XGACΦ))mc

 dRp

dt
=

(

δJσSt
(

n
n+ Rc

))2 dε
dt

= − kεJσS ε
ε + b

Charfi et al., 2017b
dmc

dt
= QoutXTSS

dmc

dt
= − βQoutXTSSmc

  dϵ
dt

= − kϵ
Qout

A
σSE

Charfi et al., 2018a
dmc

dt
= AJ(X + σS) dmc

dt
= − βAJ(X + σS) mc

A(t)
dA
dt

= − ωA (3)

dA
dt

= AδJσS (2) α = α0TMPnc

Charfi et al., 2018b
dmc

dt
=
Qout

A0
(XVSS + σS) dmc

dt
= − β

Qout

A0
(XVSS + σS)mc

dAf

dt
= − γA (3)

dAb

dt
= Aδ

Qout

A0
σS (2) α = α0TMPnc
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further progress in integrated MBR modeling is needed to address the
many outstanding issues in field modeling.

The findings of this study might contribute to the development of
more effective modelling techniques for minimizing MBR fouling. The
literature review allows for an examination of methodologies that

minimize fouling, including an analysis of physical and chemical
cleaning strategies. Consequently, if more accurate modelling of these
methodologies can be achieved, it would be possible to study their ef-
fects on fouling development. This will result in the identification of the
optimal strategy for reducing fouling.

Fig. 7. Framework proposal for membrane fouling classification.

Fig. 6. Schematic representation of the critical elements to be considered for membrane filtration modelling in MBR systems.
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Finally, since there are advantages and disadvantages intrinsically
associated to each modelling approach (e.g., semi-empirical and data-
driven models, integrated models, etc.), it is important to point out that
depending on the objective of themodelling exercise, it is necessary to find
a balance between complexity, simplicity and accuracy of the model.

7. Conclusions

This work critically reviews the state-of-the-art of RIS-based filtra-
tion models applied to MBR technology, revealing a strong heteroge-
neity among available models. Filtration models’ heterogeneity is
depicted by the diverse nomenclature or state variables and fouling
formation and removal processes considered, which is directly affected
by the dissimilar and interrelated criteria used to classify membrane
fouling.

An identification of the filtration resistances and model processes
associated with each fouling classification is conducted, which will help
to quickly and easily understand and analyze available filtration models.
To this aim, the basis for stablishing a unified framework rooted in the
fundamentals of membrane fouling classification is defined in this work,
encompassing a set of general model processes and state variables to be
applied for filtration process modelling within the MBR field, which is
directly linked with each fouling category (fouling consolidation, fou-
lant types, and fouling mechanisms) but also, and above all, linked to the
design of the scouring system.
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Modelling of submerged membrane bioreactor: Conceptual study about link between
activated slugde biokinetics, aeration and fouling process. J. Memb. Sci. 325,
612–624. https://doi.org/10.1016/j.memsci.2008.08.037.

Zhang, J., Chua, H.C., Zhou, J., Fane, A.G., 2006. Factors affecting the membrane
performance in submerged membrane bioreactors. J. Memb. Sci. 284, 54–66.
https://doi.org/10.1016/j.memsci.2006.06.022.

Zhang, Q., Victor Tan, G.H., Stuckey, D.C., 2017. Optimal biogas sparging strategy, and
the correlation between sludge and fouling layer properties in a submerged
anaerobic membrane bioreactor (SAnMBR). Chem. Eng. J. 319, 248–257. https://
doi.org/10.1016/J.CEJ.2017.02.146.

Zhang, W., Liang, W., Zhang, Z., 2022. Dynamic scouring of multifunctional granular
material enhances filtration performance in membrane bioreactor: Mechanism and
modeling. J. Memb. Sci. 663, 120979. https://doi.org/10.1016/J.
MEMSCI.2022.120979.

Zhang, W., Liang, W., Zhang, Z., Hao, T., 2021. Aerobic granular sludge (AGS) scouring
to mitigate membrane fouling: Performance, hydrodynamic mechanism and
contribution quantification model. Water Res. 188, 116518. https://doi.org/
10.1016/J.WATRES.2020.116518.

Zheng, Y., Zhang, W., Tang, B., Ding, J., Zheng, Y., Zhang, Z., 2018. Membrane fouling
mechanism of biofilm-membrane bioreactor (BF-MBR): pore blocking model and
membrane cleaning. Bioresour. Technol. 250, 398–405. https://doi.org/10.1016/J.
BIORTECH.2017.11.036.

Zuthi, M.F.R., Guo, W., Ngo, H.H., Nghiem, D.L., Hai, F.I., Xia, S., Li, Jianxin, Li, Jixiang,
Liu, Y., 2017. New and practical mathematical model of membrane fouling in an
aerobic submerged membrane bioreactor. Bioresour. Technol. 238, 86–94. https://
doi.org/10.1016/j.biortech.2017.04.006.

V. Sandoval-García et al. Water Research 268 (2025) 122611 

22 

https://doi.org/10.1016/S0376-7388(00)80218-5
https://doi.org/10.1016/S0376-7388(00)80841-8
https://doi.org/10.1016/S0376-7388(00)80841-8
https://doi.org/10.2166/9781780409320
https://doi.org/10.2166/9781780409320
https://doi.org/10.1006/jcis.1998.6040
https://doi.org/10.1016/j.memsci.2019.117570
https://doi.org/10.1016/j.jclepro.2022.134110
https://doi.org/10.1080/09593330.2013.800589
https://doi.org/10.1080/09593330.2013.800589
https://doi.org/10.1016/J.WATRES.2010.09.021
https://doi.org/10.1016/S0376-7388(03)00046-2
https://doi.org/10.1016/j.memsci.2012.01.026
https://doi.org/10.3389/FCHEM.2020.00417
https://doi.org/10.3389/FCHEM.2020.00417
https://doi.org/10.1016/j.cej.2021.130799
https://doi.org/10.1016/j.memsci.2008.08.037
https://doi.org/10.1016/j.memsci.2006.06.022
https://doi.org/10.1016/J.CEJ.2017.02.146
https://doi.org/10.1016/J.CEJ.2017.02.146
https://doi.org/10.1016/J.MEMSCI.2022.120979
https://doi.org/10.1016/J.MEMSCI.2022.120979
https://doi.org/10.1016/J.WATRES.2020.116518
https://doi.org/10.1016/J.WATRES.2020.116518
https://doi.org/10.1016/J.BIORTECH.2017.11.036
https://doi.org/10.1016/J.BIORTECH.2017.11.036
https://doi.org/10.1016/j.biortech.2017.04.006
https://doi.org/10.1016/j.biortech.2017.04.006

	Modeling MBR fouling: A critical review analysis towards establishing a framework for good modeling practices
	1 Introduction
	2 Membrane fouling in MBR technology
	2.1 Fouling classification
	2.2 Fouling development
	2.3 Main dynamic processes: shear stress integration, and reversible and irreversible fouling formation
	3 Filtration process modeling
	3.1 Historical evolution of MBR filtration modeling

	3.2 Fundamentals
	3.2.1 Darcy’s law
	3.2.2 Kozeny-Carman equation
	3.2.3 Resistance-in-series concept
	3.2.4 Complementary empirical approaches


	4 RIS-based filtration models
	4.1 Model variables
	4.2 RIS classification
	4.3 Dynamic processes involved in fouling layer generation and removal

	5 Basic guidelines towards good modeling practices
	6 Future perspectives
	7 Conclusions
	CRediT authorship contribution statement
	Declaration of competing interest
	Acknowledgements
	datalink4
	References


